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In this note we state the accurate formulas of convexity and concavity constants in Lorentz
spaces, correcting the formulas from Kamin´ska and Parrish (2008) [2].
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The purpose of this note is to present precise formulas of convexity and concavity constants in Lorentz spaces evaluated
in [2]. The inaccuracies come from typos which originated in the error in formula (5) of [2], in which the exponent 1/p is
missing. As a consequence in further formulas the exponent 1/p is also missing. Despite inaccurate statements of several
results, all proofs in [2] are correct. We refer to paper [2] for all notations and deﬁnitions.
It is a straightforward computation that the accurate version of the formula (5) in [2] is the following
M(q)
(
E(p)
)= (M(q/p)(E))1/p and M(q)(E(p))= (M(q/p)(E))1/p .
Consequently, proper versions of Theorems 1, 3, 6, 8, and Corollary 5 in [2] are as follows.
Theorem 1. (See Theorem 1 in [2].) Let q > p and w be a decreasing weight function. Then
M(q)(Λp,w) = sup
t>0
(
( 1t
∫ t
0 w
r)1/r
1
t
∫ t
0 w
)1/p
,
where pq + 1r = 1.
Theorem 2. (See Theorem 3 in [2].) If 0 < q < p and w is an increasing weight satisfying limt→∞ w(t) = ∞, then
M(q)(Λp,w) = sup
t>0
( 1
t
∫ t
0 w
( 1t
∫ t
0 w
r)1/r
)1/p
,
where pq + 1r = 1.
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(1) If p  q, then:
(a) M(s)(Lq,p) = 1 for s p and the space is not s-convex for s > p.
(b) For s > p,
M(s)(Lq,p) =
(
p
q[( pq − 1)r + 1]1/r
)1/p
,
where 1r + ps = 1. For s p, the space is not s-concave.
(2) If p > q, then:
(a) M(s)(Lq,p) = 1 for s p and the space is not s-concave for s < p.
(b) For 0 < s < p,
M(s)(Lq,p) =
(q[( pq − 1)r + 1]1/r
p
)1/p
,
where 1r + ps = 1. In particular (Theorem 6.1 in [1]) for 1 < q < p, M(1)(Lq,p) = ( qp )1/p( q
′
p′ )
1/p′ , where 1/p + 1/p′ = 1,
1/q + 1/q′ = 1, is the best constant in the triangle inequality in Lq,p . For s p the space is not s-convex.
Theorem 4. (See Theorem 6 in [2].) Let q > p and w be a decreasing weight sequence. Then
M(q)
(
d(w, p)
)= sup
k1
(
( 1k
∑k
j=1 wrj)
1/r
1
k
∑k
j=1 w j
)1/p
,
where pq + 1r = 1.
Theorem 5. (See Theorem 8 in [2].) Let w be an increasing weight sequence with limn→∞ wn = ∞. If 0 < q < p, then d(w, p) is not
q-concave and
M(q)
(
d(w, p)
)= sup
k1
( 1
k
∑k
j=1 w j
( 1k
∑k
j=1 wrj)1/r
)1/p
,
where pq + 1r = 1. If q p, then d(w, p) is not q-convex and M(q)(d(w, p)) = 1.
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